Abstract In this paper, we obtain Fekete-Szego¨inequalities for certain class of analytic p-valent
Introduction
Let AðpÞ denote the class of functions f(z) of the form > a ð0 6 a < p; z 2 UÞ: ð1:5Þ
The classes S Ã p ðaÞ and C p (a) were defined by Owa [1] . From (1.4) and (1.5), it follows that fðzÞ 2 C p ðaÞ () zf 0 ðzÞ
For two functions f and g, analytic in U, we say that the function f(z) is subordinate to g(z) in U and write f(z) p g(z), if there exists a Schwarz function w(z), analytic in U with w(0) = 0 and OEw(z)OE < 1 such that f(z) = g(w(z)) (z 2 U). Furthermore, if the function g is univalent in U, then we have the following equivalence (see [2] ): fðzÞ 0 gðzÞ () fð0Þ ¼ gð0Þ and fðUÞ & gðUÞ:
Let u(z) be an analytic function with positive real part on U satisfies u(0) = 1 and u 0 (0) > 0 which maps U onto a region starlike with respect to 1 and symmetric with respect to the real axis. Let S ; 0 6 c < pÞ (see Patil and Thakare [7] ). Also, we note that: 
where the operator where the operator
was introduced and studied by Prajapat [9] , (see also, Catas [10] and El-Ashwah and Aouf [11] with m 2 N 0 ).
In this paper, we obtain the Fekete-Szego¨inequalities for functions in the class S k,b,p (g, u).
Fekete-Szego¨problem
Let X be the class of functions of the form
in the open unit disk U satisfying OEw(z)OE < 1.
To prove our results, we need the following lemmas.
Lemma 1 [12] . If w 2 X, then for any complex number t,
The result is sharp for the functions given by
Àt if t 6 À1;
When t < À1 or t > 1, the equality holds if and only if w(z) = z or one of its rotations. If À1 < t < 1, then the equality holds if and only if w(z) = z 2 or one of its rotations. If t = À1, the equality holds if and only if
or one of its rotations. If t = 1, the equality holds if and only if
or one of its rotations. Also the above upper bound is sharp and it can be improved as follows when À1 < t < 1:
and
Lemma 3 13. If w 2 X, then for any real numbers q 1 and q 2 , the following sharp estimates holds:
where
ðjq 1 j À 1Þ
The extremal functions, up to rotations, are of the form 
The sets D k , k = 1, 2, . . . , 12, are defined as follows:
Unless otherwise mentioned, we assume throughout this paper that b 2 C Ã ; 0 6 k 6 1; k P p þ 1; p 2 N and the function g(z) is given by (1.2) with g k > 0. u) and l is a complex number, then a pþ2 À la 
The result is sharp.
, then there is a Schwarz function 
. . ; ð2:8Þ
Therefore, we have
The 6 pB 1 jbj 2g pþ2 max 1;
Putting p = 1, k = 0 and gðzÞ ¼ 
Putting gðzÞ ¼ ; 0 6 À c < pÞ in Theorem 1, we obtain the following corollary. : max 1;
The result is sharp. 
By using Lemma 2, we can obtain the following theorem.
given by (1.1) belongs to the class S k,b,p (g, u) and l is a real number, then apþ2 À la 
ð2:13Þ
Proof. First, let l 6 r 1 , then
Let, now r 1 6 l 6 r 2 . Then, using the above calculations, we obtain a pþ2 À la
Finally, if l P r 2 , then a pþ2 À la
To show that the bounds are sharp, we define the functions K un (n P 2) by 
Cleary the functions K un , F b and
If l < r 1 or l > r 2 , then the equality holds if and only if f is K u or one of its rotations. When r 1 < l < r 2 , then the equality holds if f is K u3 or one of its rotations. If l = r 1 , then the equality holds if and only if f is F b or one of its rotations. If l = r 2 , then the equality holds if and only if f is G b or one of its rotations. This completes the proof of Theorem 2. h Putting k = 0 in Theorem 2, we obtain the following corollary. The result is sharp. 
